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In this study, we present a framework for characterizing the structural and thermal properties of small

nanoparticle catalysts by combining precise synthesis, extended X-ray absorption fine structure (EXAFS)

spectroscopy, and density functional theory (DFT) calculations. We demonstrate the capability of this ap-

proach by characterizing the atomic structure and vibrational dynamics of Au147. With the combination of

EXAFS spectroscopy and DFT, the synthesized Au147 nanoparticles are determined to have an icosahedral

structure. A decrease in the Einstein temperature of the Au147 particles compared to their bulk value was

observed and interpreted in terms of softer vibration modes of surface bonds.

1 Introduction

While bulk Au is considered inert, small Au nanoparticles with
diameters less than 5 nm are surprisingly active for specific
chemical reactions.1–3 There is evidence showing that the num-
ber of low-coordinated Au atoms scales approximately with the
catalytic activity for CO oxidation, suggesting that atoms on the
corners and edges of Au nanoparticles are the active sites.3,4 Ac-
cordingly, we can expect that the catalytic activity of Au nano-
particles would be strongly dependent on morphology, and
both the number and the coordination number of those under-
coordinated Au atoms. The vibrational dynamics of surface
atoms was also shown to have a strong effect on their catalytic
activity.5–7 Additional interest in dynamics stems from the theo-
retical and experimental reports8–10 that small clusters have a
lower melting temperature than the bulk and thus, according to
the Lindemann criterion,11 lower Debye and Einstein tempera-
tures as well. These facts put a strong demand on the accurate
characterization of Au nanoparticle structures and dynamics in
order to establish structure–function relationships. However,
the inherently small length scale and enhanced structural disor-
der of small nanoparticles limit the application of traditional
diffraction methods and electron microscopy.

Extended X-ray absorption fine structure (EXAFS) spectro-
scopy stands out in characterizing small metal nanoparticles
due to its local nature; only distances within 6–8 Å of the
photo-absorbing atoms are probed. The structural informa-
tion on the measured metal nanoparticles, such as coordina-
tion numbers, interatomic distances, and bond length disor-
der, can be obtained by fitting the structural parameters of
the simulated system to match the EXAFS spectrum. How-
ever, we have previously demonstrated that this fitting ap-
proach can lead to problems in the interpretation of the
structural information from the spectrum especially when
significant asymmetric structural disorder is caused by sur-
face tension and other effects such as interactions with li-
gands and supports.12,13

An approach to avoid the above-mentioned drawback of
the conventional EXAFS analysis uses first-principles
methods to directly simulate the EXAFS spectrum without
any parameterizations. By comparing the simulated EXAFS
spectra of different candidate structures with the experimen-
tal data, structures that are consistent with the synthesized
sample can be determined. Additionally, the total energies of
candidate structures can be readily calculated with the first-
principles methods, providing an additional metric for selec-
tion in the structure determination process. Once the struc-
ture of the system under measurement is determined, its
structural and vibrational properties can be determined with
full atomic resolution from the theoretical model.

Direct experimental characterization of the structure and
dynamics of small nanoparticles requires measurements in
situ of well-defined atomic clusters that are free from compet-
ing effects of supports and adsorbates and thus exceedingly
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difficult to synthesize. Dendrimer encapsulated nanoparticles
(DENs) are attractive because they are not immobilized on
supports and because metal clusters are only weakly inter-
acting with the dendrimers,14 hence the metal bonding struc-
ture and intrinsic cluster size effects on bond dynamics can
be investigated in greater detail. DENs also represent an ideal
system for the purpose of computational modeling for they
have been demonstrated to exhibit remarkable size and struc-
tural monodispersity,15 allowing them to be analyzed with a
single atomistic model.

In this study, we applied the combined EXAFS and first-
principles framework to explore the structural and vibrational
properties of Au147 DENs. Although the study on the effects
of structural disorder on EXAFS spectra by comparing first-
principles calculations and experimental data has been done
by us and others before,12,13,16,17 here we are focusing on the
bond length disorder caused by dynamic effects.

2 Methods
2.1 Experimental details

Solutions of 50 mL of 2 μM Au147 DENs were synthesized as
previously reported.18 Sixth-generation amine-terminated
(G6-NH2) polyĲamidoamine) dendrimers (Dendritech) were
used at a concentration of 2 μM, and 147 equiv. of HAuCl4
salt was added. This solution was stirred for 10 minutes, after
which a 10-fold excess of NaBH4 was added in 3.0 mL of a
0.30 M NaOH solution. The resulting DEN solution was
stirred in air for at least 12 hours to allow excess NaBH4 to re-
act. TEM images of Au147 DENs were obtained using a JEOL
2010F TEM. Carbon-coated copper TEM grids (400 mesh)
were purchased from Electron Microscopy Sciences. TEM
grids were prepared by dropping 3.0 μL of the 2.0 μM DEN
solution onto the grid and allowing it to dry in air.

For EXAFS measurements, the solutions were frozen in liq-
uid N2 and freeze-dried in a Labconco FreeZone 12 lyophi-
lizer. The dried DEN powder was pressed into a pellet and
used for the temperature studies. EXAFS experiments were
carried out at the National Synchrotron Light Source
(Brookhaven National Laboratory) at beamline X18B. Au L3-
edge data were collected in transmission mode using gas ion-
ization detector chambers. The temperature was controlled
by a closed cycle Displex cryostat. Due to the temperature gra-
dients observed during the measurements, the nanoparticle
sample and the foil were placed on the same sample holder
and measured under the same conditions.

2.2 EXAFS fitting details

EXAFS data modeling and analysis were done using
established procedures. Briefly, the Au foil EXAFS was ana-
lyzed first, using a multiple data set scheme where all the
data collected at multiple temperatures were fit to FEFF6 the-
ory simultaneously and several constraints were applied to
minimize the number of variables in the fit and reduce the
correlation of fitting parameters. The passive electron reduc-

tion factor was obtained as 0.879 and fixed in the fits of
nanoparticle data. Those temperature values were subse-
quently fixed for the analysis of the nanoparticle data. Then,
we performed analysis in two different ways. First, we treated
all Debye–Waller factors independently in the fit. Next, we
constrained them in the fitting process to follow the Einstein
model. In both cases the coordination number and ΔE were
constrained to be the same at all temperatures. As a result,
the measurements of Einstein temperatures, static disorder
values and Au–Au bond distances were obtained in both the
bulk Au and the nanoparticle sample. The third cumulant
was found not to affect the fit results, within the error bars,
and was then constrained to be zero at all temperatures to
improve the uncertainty of the fit.

2.3 Computational details

The theoretical calculations were done using density func-
tional theory (DFT) implemented in the Vienna ab initio sim-
ulation package (VASP).19,20 All calculations were spin-polar-
ized. Core electrons were described with the projector
augmented-wave (PAW) method.21,22 The Kohn–Sham wave
functions for the valence electrons were expanded in a plane-
wave basis set with an energy cutoff of 300 eV. The exchange–
correlation energy was treated within the framework of the
generalized gradient approximation. Specifically, PBEsol23

was used, which is a modified form of the Perdew–Burke–
Ernzerhof (PBE) functional designed to improve lattice pa-
rameters and surface energies in solids. A single Γ-point was
sufficient for integration of the reciprocal space due to the fi-
nite nature of the nanoparticles. A unit cell of 5 × 5 × 5 was
used to model the Au bulk and simulate the EXAFS spectrum
for the Au foil. A k-point mesh of 2 × 2 × 2 was used for this
periodic model.

To simulate the EXAFS spectrum, an ensemble of equilib-
rium structures at finite temperatures is required. To avoid
direct sampling of equilibrium structures based upon our
DFT calculations, we constructed and sampled a DFT-derived
harmonic potential. Employing a harmonic potential im-
proves the efficiency of our temperature-dependent study be-
cause once the potential is derived it can be used to sample
structures at different temperatures without additional DFT
calculations. In addition, the harmonic potential approach is
suitable for studying metastable structures, which could
transform to more stable structures during a molecular dy-
namics or Monte Carlo sampling simulation, and low tem-
peratures where the use of the quantum partition function
is more accurate than the classical one. This harmonic ap-
proximation of the potential energy surface was found to be
appropriate for the temperatures of interest below 300 K,
and not affect our results. Dynamical matrices for the Au
nanoparticles were obtained using a finite difference
method in which a small displacement of 0.01 Å was applied
to every degree of freedom of the equilibrium structure. A
set of 3N − 6 harmonic oscillators with their force constant
and vibrational normal modes were obtained by diagonalizing
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the dynamical matrix. Statistically independent structures
at finite temperature were then sampled by displacing the
atoms in the nanoparticle along each normal mode with
a magnitude following a Gaussian distribution. The stan-
dard deviation of the Gaussian distribution was taken to

be , which is the variance of the

position of a quantum harmonic oscillator. In the equa-
tion, MAu is the mass of an Au atom, ω is the vibrational
frequency, ħ is Planck's constant, kB is Boltzmann's con-
stant, and T is the temperature.

Based on the set of structures at finite temperatures, theo-
retical EXAFS signals were simulated using an approach simi-
lar to that reported previously.18 The Au L3-edge EXAFS spec-
tra were calculated from 800 structures by averaging the
signal arising from each Au atom in the NP. The multiple-
scattering calculations were performed using FEFF6-lite.24 All
atoms up to 6.0 Å away from each photo-absorbing atom
were included in the scattering calculations. The experimen-
tal correction to the photoelectron energy origin and the pas-
sive electron reduction factor was applied to the simulated
EXAFS spectra to align experimental and theoretical data in
k-space.

To analyze the vibrational properties of Au147, we
employed the equation of motion (EM) method to calculate
the bond-projected vibrational density of states (VDOS).25,26

In this method, the projected VDOS is calculated as a cosine
transform of the displacement–displacement time-correlation
function 〈QR(t)| QR(0)〉 with an exponential damping factor,

(1)

Here, |QR(0)〉 is the initial displacement state vector, in which
a selected nearest-neighbor bond (first-shell scattering path)
is perturbed. The displacement state 〈QR(t)| is determined by
running micro-canonical molecular dynamics using the DFT-
derived harmonic potential. Newton's equations of motion
are integrated using the Verlet velocity algorithm with a time
step of 1 fs and a total simulation time of 10 ps. The spectral
width is determined by the cutoff parameter ε = 3/tmax

2. In
this work tmax is chosen to be 10 ps. Once the projected
VDOS ρR(ω) is obtained, the mean-square relative displace-
ment, which is described as the Debye–Waller factor σ2, for a
given scattering path R is given by the Debye integral

(2)

where μR is the reduced mass associated with the path. For
the nearest-neighbor bonds considered in this work, μR =
MAu/2. The total projected VDOS is obtained by iterating over
all pairs of bonds in the system.

3 Results and discussion
3.1 Morphological characterization

The size distribution and morphology of the synthesized
Au147 DENs were obtained from TEM images. Fig. 1 shows a
representative TEM image for the Au147 DENs as well as a his-
togram showing that the average diameter of the nano-
particles is 1.6 ± 0.2 nm. The Au147 DENs are highly mono-
dispersed so they could be represented by the single atomic
model used in our DFT calculations.

3.2 EXAFS first-shell fitting

Structural information on the Au foil and Au147 at tempera-
tures between 0 and 300 K was extracted by fitting the experi-
mental EXAFS spectra. The fitted structural parameters in-
cluding the coordination number (N), the average Au–Au
bond length (R), and the EXAFS Debye–Waller factor (σ2) are
reported in Table 1. The temperature-dependent σ values are
constrained to follow the correlated Einstein model,27,28

(3)

where μ is the reduced mass of the Au–Au bond. In this way,
we can obtain the static Debye–Waller factor (σs

2) and the

Einstein temperature . Note that the validity of

using the Einstein model approximation is validated later
both by fitting the experimental EXAFS spectra without the
constraint of eqn (3) and by comparison to theory, which also
does not assume the Einstein model.

It is evident that the decrease in size from the Au foil to
Au147 leads to the reduction in the coordination number, the
average bond length, and increase in the bond length disor-
der. The increased Debye–Waller factor comes both from
static and vibrational contributions. Au147 DENs possess
sizable σs

2, which is a manifestation of the deviations of the
average atomic positions in the nanoparticles from the per-
fect FCC structure. The Einstein temperature is lower for
Au147 DENs compared to that of the Au foil which corre-
sponds to enhanced vibrational disorder in the nanoparticle.

Fig. 1 TEM image and size-distribution histogram of Au147 DENs.

Catalysis Science & Technology Paper

Pu
bl

is
he

d 
on

 2
6 

M
ay

 2
01

6.
 D

ow
nl

oa
de

d 
by

 U
ni

ve
rs

ity
 o

f 
T

ex
as

 L
ib

ra
ri

es
 o

n 
08

/0
7/

20
16

 1
4:

35
:4

7.
 

View Article Online

http://dx.doi.org/10.1039/C6CY00559D


Catal. Sci. Technol. This journal is © The Royal Society of Chemistry 2016

3.3 Structure determination for Au147 DENs

The above analysis through model fitting provides insights
into the nanoparticle structure and vibrational properties.
However, no direct knowledge about the atomic structure of
the Au147 DENs could be obtained. In this section, the atomic
structure of Au147 DENs is probed by comparing the simu-
lated and experimental EXAFS spectra.

We first benchmark our simulation method by reproduc-
ing the EXAFS spectrum for the Au foil where the atomic
structure is known exactly. The simulated and measured
EXAFS spectra for the Au foil at two temperatures are com-
pared in Fig. 2. The agreement with experiments is satisfac-
tory. Based on this foundation, the simulation method was
used for the structural determination of the Au147 DENs.
However, before moving to the analysis of the nanoparticle
structures, we further evaluated quantitatively the systematic

error of our DFT-based simulation in reproducing the experi-
mental EXAFS spectrum of the Au foil. To estimate the sys-
tematic error, we compared the structural parameters of the
Au foil obtained from fitting both the experimental and simu-
lated EXAFS spectra using the same fitting ranges and param-
eters. Although the theoretical structural parameters can also
be obtained directly from the atomic models, we chose the
fitting analysis to avoid ambiguity when comparing the data
from different methods. In the analysis, we constrained the
amplitude reduction factor to 0.879 to reduce the uncertainty
of the fit and released the constraints on the Debye–Waller
factors to follow the Einstein model. Due to the different
fitting constraints, the fitted structural parameters are
expected to be slightly different from those reported in
Table 1. At 146 K, the theoretical σ2 is fitted to be 4.75 ± 0.03
× 10−3 Å2; the value is larger than the fitted experimental
value (4.45 ± 0.04 × 10−3 Å2) by 0.3 × 10−3 Å2. At 295 K, the
theoretical value of σ2 (8.90 ± 0.08 × 10−3Å2) is larger than the
experimental value (8.25 ± 0.10 × 10−3Å2) by about 0.6 ×
10−3Å2. These results show that the Debye–Waller factors are
consistently overestimated by about 7% in our DFT-based
simulation. The systematic errors are also present in the
fitted interatomic distances. In the simulation, the Au–Au
bond lengths in the first coordination shell are overestimated
by about 0.022 Å. Bearing these systematic errors of our sim-
ulation method in mind, we compare the simulated and ex-
perimental EXAFS spectra to analyze the nanoparticle
structures.

Two structures were considered for the Au147 nano-
particles: icosahedral and cubo-octahedral. These structures
were chosen because they are the two highly-symmetric struc-
tures with the magic number of 147 atoms. The atomic
models of these two structures are shown in Fig. 3. The simu-
lated and experimental EXAFS spectra for Au147 are shown in
Fig. 4. From the data in R-space, it can be seen that the cubo-
octahedral structure is more ordered (corresponding peaks in
R-space are narrower) than the icosahedral structure.
Fig. 5(a) shows that the pair distribution function (PDF) of
the cubo-octahedral structure has a narrower distribution of
the first-neighbor bond lengths compared to the icosahedral
structure. The disorder in the icosahedral structure is a con-
sequence of the twinning defects while the cubo-octahedral
structure has regular FCC packing. In addition, the less
distorted nature of the cubo-octahedral structure is not a re-
sult of the systematic error of our simulation method since

Table 1 Structural parameters obtained by fitting of the experimental
EXAFS data

T (K) N R (Å) σ2 (10−3 Å2)

Au foil 52 12 2.870(2) 2.2
84 12 2.870(2) 2.9
98 12 2.869(2) 3.2
146 12 2.868(2) 4.3
202 12 2.871(2) 5.8
250 12 2.872(3) 7.1
295 12 2.875(3) 8.3
σs

2 = 0.10 ± 0.04
(10−3 Å2)

ΘE = 134.5 ± 0.8 (K)

Au147 149 8.8 2.824(4) 9.9
157 8.8 2.821(6) 10.1
167 8.8 2.826(5) 10.4
175 8.8 2.820(4) 10.6
215 8.8 2.817(5) 11.9
242 8.8 2.811(4) 12.7
298 8.8 2.818(5) 14.4
σs

2 = 4.9 ± 0.9
(10−3 Å2)

ΘE = 124.9 ± 9.4 (K)

Fig. 2 Comparison between the simulated (red line) and experimental
(black line) EXAFS spectra and the corresponding Fourier transforms of
Au foil at two representative temperatures 146 K ((a) and (b)) and 295 K
((c) and (d)). The k-ranges used in the Fourier transformations are 2.5–
19 Å−1 and 2.5–18 Å−1, respectively, for 146 K and 295 K.

Fig. 3 Atomic structures of Au147 nanoparticles: (a) cubo-octahedral
and (b) icosahedral.
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the method tends to overestimate the disorder. The calcu-
lated EXAFS spectrum is closer to the experimental spectrum
for the icosahedral structure in the first-neighbor region as

shown in Fig. 5(b) and (c). We also noticed that the cubo-
octahedral model is in better agreement for R between 4 Å
and 5 Å, especially at lower temperatures. We tentatively attri-
bute this to the existence of some larger nanoparticles in the
sample with FCC packing. Overall, however, our comparison
between the experimental and theoretical EXAFS spectra indi-
cates that the synthesized Au147 DENs are more likely to be
icosahedral. In addition, our DFT calculations indicate that
icosahedral Au147 is more stable than the cubo-octahedral by
3.98 eV. In fact, a DFT-based molecular dynamics simulation
of cubo-octahedral Au147 shows a spontaneous structural
rearrangement from the cubo-octahedral to the icosahedral
structure at a temperature as low as 215 K in the simulated
20 ps (using a time step of 2 fs and a Langevin thermostat),
which indicates that the Au147 structure is not kinetically
trapped as cubo-octahedral at room temperature.

3.4 Structural properties

Pair distribution functions (PDFs) of Au bulk and icosahedral
Au147 obtained from DFT-sampled structures at 1 K are
shown in Fig. 6. There is no significant difference between
0 and 1 K; we used the latter to avoid numerical problems
with our sampling code. The Au–Au bonds in Au147 are cate-
gorized into three sub-groups, which are surface–surface, sur-
face–core, and core–core bonds. The PDFs for these sub-
group bonds are also included in Fig. 6. Compared to the
PDF of Au bulk, the distribution of the first neighbor shell
for Au147 is significantly broadened. On average, the bond
length in Au147 is contracted to 2.868 Å from the bulk value
of 2.879 Å. This bond contraction trend is in agreement with
the fitting parameters determined from the experimental
EXAFS spectra.

It should be noted that the experimentally fitted bond
length for Au147 is shorter than that calculated directly by
DFT. We attribute the discrepancy to several factors. First,
there is a significant correlation between structural parame-
ters in the EXAFS fitting model when applied to nano-
particles. Specifically, we have previously demonstrated that

Fig. 4 Comparison between the simulated (red line for the icosahedral
structure and blue line for the cubo-octahedral structure) and experimental
(black line) EXAFS spectra and the corresponding Fourier transforms of the
Au147 nanoparticles at two representative temperatures 166.6 K ((a) and (b))
and 298 K ((c) and (d)). The k-ranges used in the Fourier transformations
are 2.5–11.6 Å−1 and 2.5–11 Å−1, respectively, for 166.6 K and 298 K.

Fig. 5 (a) Pair distribution function (PDF) of cubo-octahedral and icosa-
hedral Au147 nanoparticles. Differences between the real-space theoretical
and experimental EXAFS spectra at 167 and 298 K are shown in (b) and (c),
respectively, along with the integrated absolute difference between them.

Fig. 6 Bond length distribution of Au bulk and Au147 extracted from
the sampled structures at 1 K. The short vertical lines denote the
centroids of their respective pair distribution functions.
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an increase in bond length disorder (σ2), typical for nano-
particles, can be interpreted as a decrease of ca. 0.04 Å in the
average bond length, R.13 A second reason for an underesti-
mation of the experimental Au bond length is that we as-
sumed a Gaussian distribution; including skew in the form
of a third cumulant in the EXAFS fit increases the bond
length by ca. 0.03 Å.13 Finally different DFT functionals result
in lattice constants that differ by a few percent.29 Our choice
of PBEsol is designed to reproduce bond lengths but it still
overestimates the bond length in bulk Au by 0.022 Å. This
combination of factors can explain the bond length differ-
ences seen between DFT and our experimental EXAFS analy-
sis of the Au147 particles.

A detailed structural analysis reveals that the fine-
structure of the Au–Au bond length distribution depends
upon the location of the bonds. From the PDFs, the bond
contraction is mainly attributed to the contraction in the sur-
face–core and core–core bonds. The surface–surface bonds in
Au147, on the other hand, showed bond elongation. Quantita-
tively, the average surface–core, core–core, and surface–sur-
face bond lengths are 2.840, 2.850, and 2.904 Å, respectively.
Upon the reduction of the coordination number, the bonds
in the Au147 nanoparticle are not all contracted as predicted
by phenomenological models such as the bond-order–length–
strength (BOLS) model.30

3.5 Vibrational properties

The calculated σ2 for the Au foil and Au147 along with the
values obtained by fitting the experimental EXAFS data at
multiple temperatures with the Einstein model (eqn (3)) are
shown in Fig. 7. There is good agreement between the theo-
retical and the experimental σ2 for both the Au foil and Au147
DENs. The dynamical part of σ2 can be well represented by
the correlated Einstein model with a fitted Einstein tempera-

ture as shown in Fig. 7. Our calculations confirm the experi-
mental trend that the Einstein temperature decreases with
the size reduction.

The decrease in the Einstein temperature can be under-
stood from the bond-projected VDOS of Au bulk and Au147 as
shown in Fig. 8. A notable feature of these data is that the vi-
brational spectrum of Au147 is broader than the Au bulk. Spe-
cifically, additional low frequency modes are present in Au147
within the acoustic gap of Au bulk and the maximum fre-
quency extends up to above 6 THz in Au147 from 4.5 THz of
Au bulk. To further resolve the vibrational softening and
strengthening, the corresponding VDOS for the three types of
bonds are shown in Fig. 8 as well as the characteristic Ein-
stein frequency to characterize the relative strength of the
thermal vibrations.31 It can be seen that the softening comes
from the surface–surface bonds where the Einstein frequency
drops significantly below the bulk value. On the other hand,
bond strengthening is observed in the surface–core and core–
core bonds. These behaviors are consistent with the corre-
sponding changes in bond lengths (contraction in the core
and elongation at the surface) described in the previous
section.

Given that there is both stiffening and softening of the vi-
brational modes in the nanoparticle compared to the bulk,
we may not be able to generally say that the Einstein temper-
ature of the nanoparticles will be lower than the bulk. It is
reasonable, however, that when nanoparticles become as
small as 147 atoms and there are more surface atoms than in
the core, that the softening of modes on the surface will
dominate over stiffening in the core.

Fig. 7 Debye–Waller factor (σ2) of Au foil and Au147 as a function of
temperature. The plus symbols are calculated values from eqn (1) and
(2); the circles are obtained through fits to the experimental EXAFS
data, both independent of the Einstein model. The solid lines are fits
based upon the Einstein model to the calculated (dark lines) and
experimental data (light lines).

Fig. 8 Bond-projected VDOS. The estimated Einstein frequency is the
average of (μ−1)

−1 and (μ−2)
−2, where μP is the power moment of the

normalized vibrational DOS. The red and green vertical lines indicate
the Einstein frequencies for Au147 and Au bulk, respectively. The
shaded VDOS is for Au bulk.
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4 Conclusions

In this study, the structural and vibrational properties of
Au147 DENs are studied by using a combination of EXAFS
and the DFT calculations. The structure of Au147 DENs is de-
termined to be icosahedral by comparing the simulated and
the experimental EXAFS spectrum. Based on the determined
structure, the structural and vibrational properties of Au147
are analyzed. The Au–Au bond length of icosahedral Au147
shows overall contraction compared to the Au bulk. Detailed
analysis shows that Au–Au bonds at different locations on
the nanoparticle have different relaxation behaviors. The sur-
face–surface bonds exhibit bond expansion, while the sur-
face–core and core–core bonds are contracted. The reduction
of the Einstein temperature in Au147 is attributed to the soft-
ening of vibrational modes for the surface–surface bonds.
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